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KKK1 ��ÅCþX�YÕá§þÑlëê�1��ê©Ù§¦U = X + Y§V = X
X+Y
�éÜVÇ�

Ý¼ê§¿�äÕá5"��/§�ÄX, Y�ÕáGamma©Ù£ëê©O´(�, �)Ú(�, �)¤
�ÅCþ��/"

KKK2 ��ÅCþX, Y�éÜVÇ�Ý¼ê�

fX,Y (x, y) =
1 + xy(x2 − y2)

4
, ∣x∣ ≤ 1, ∣y∣ ≤ 1.

¦X + Y�VÇ©Ù¼êFX+Y"

KKK3 �X, YkéÜVÇ�Ý¼êf(x, y) = cxy£0 ≤ x ≤ y ≤ 2¤"

1. O�~êc��¶

2. ©O¦ÑX, Y�>�VÇ�Ý¼ê¶

3. �äX, Y´ÄÕá¶

4. é0 < y < 2§¦3®�Y = y�^�e§X�^�VÇ�Ý¼ê§±9^�êÆÏ
"E(X∣Y = y)¶

5. ¦EX,EY,Var(X),Cov(X, Y ),Corr(X, Y )"

KKK4 ��ÅCþX�YkéÜVÇ�Ý¼êf(x, y) = (1 + xy)/4£∣x∣ < 1, ∣y∣ < 1¤"

1. ©O¦X, Y�>�VÇ�Ý¼ê¶

2. �äX, Y´ÄÕá¶

3. ¦X2, Y 2�éÜVÇ�Ý¼ê¶

4. �äX2, Y 2´ÄÕá¶

KKK5 �¥Ckn�ç¥Úm�x¥§zgl�¥�Ñ��¥§Ø�£§2�§����x¥�Ê
�"PXL«�Ñ�ç¥�oê"¦X�êÆÏ""£SK2.4.10´�£��/¤

KKK6 �¥kr«ôÚ�¥§1i«ôÚ�¥kNi�§N = N1 + ⋅ ⋅ ⋅+Nr"yl¥�g�Å�Ñn�§
PXi��Ñ�1i«ôÚ�¥��ê"

1. ¦X1, . . . , Xr�éÜVÇ©Ù�"

2. �1 ≤ s < r− 1"¦3®�X1 = x1, . . . , Xs = xs£Ù¥0 ≤ xi ≤ Ni§x1 + ⋅ ⋅ ⋅+ xs ≤ n¤
�^�e§Xs+1, . . . , Xr�^�VÇ©Ù�"
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KKK7 £Borel�Ø¤�X, YÑl²¡«�

D = {(x, y) : 0 ≤ y ≤ 1, 0 ≤ x+ y ≤ 1}

þ�þ!©Ù"

1. ¦^�êÆÏ"E(Y ∣X = 0)��"

2. �U = X/Y"¦^�êÆÏ"E(Y ∣U = 0)��"

KKK8 �X, Y
i.i.d∼ Exp(�)"¦

Z =

{
3X + 1, eX ≥ Y

6Y, eX < Y
.

�êÆÏ""£ù´�áSK3.5.12"¤




