5 15 & SIRRiRER B
%1 8% REREER
CHITTE: “1. W WA T RIS, 2. SR Ay

1. BRAHFENBES
(1) BRI HREREN: &HZRE o REMRE y LHLEE] 0 Brig S8

)

Pt

F(m7y7y'7...,y(">) =0

BRI E WY TR, T AR SRR AR T R BY, B L 4y =0 1
Mrom i, 3273 +y=0MMN2 & F KT yy,...,.y" RLIERE, WFRZ L
W TTRE.

(2) BROABEREN: SHXE o 2RMAE S ZHW 7 RE A E S
TR, AL R TR rh ) 2R BR A 3 R e e B RR 9 T AL B

(3) n MEMAFTIENRE: & F(x,y,y,.. .,y(n)) =0 A~ n MM HE
(a) BRESHHE: ARy = y(z) FEXIE T B2 EREMS TR, MR HITE
TE 1 LW —AME, TR 1 NMRMAFTEX IR, AR, T2 R RE = U0
BORIKIR]. %M n AMISLHEL R0 y = f(z, O, ..., Cn), MBI RE TE .
FAEEE, MFRREE. Bl y = Ce™™ 2 % +y =0 WIEfE, M y = 0 AR
(b) THITEH: P, MY, SRR SR N
y=Cre "t BT ¥ +y=0 & H C1, Co AL, JHEMEN y = Ce™™.
(c) BFf: IS, ZEAk T i BORR T 1 ST VHER, "5 2207 R 0 BT .
HH IS, Fln y = 1(x+ C)* NEBMS T ¢ = /y FIBE, 11y =0 N ik
TITER)— MR, XA A B0 S 7 LR IR b, AZRBARN “ AR
(d) REFEMOFIE: RIFEIIEM LRI G @R R R “ &R (B 1PAE).
(e) EMEEM (MRS AR E M 2 h i E BUR MM AR, n B BH R J7HR
—MRFEEA n DKM XA IR E MR AT, G L R ORI UR S .
(f) ¥{E[E7E (Cauchy [o]&):

F(z,y,y,y",...,y"™) =0,
y(;r:o) = Yo,

Yy (o) = yn—1.

2. BN HIENRE
(1) —MEMSHRE: I L+ Pla)y = Q(z) MIEMEN

Y= efjp<z>dl(c+/Q(l’)@fp(db)dzdx)

1



(2)

DETER: WM L = f(2)g(y) ML

/%:/f(a:)dx-&-c.

# g(yo) =0, M y = yo BAFE BT FEHIHE.

AL — M 2 i I —M 5 12:

(a) $¢ = faz + by +¢c) (b# 0): 1E&H u = ax + by + ¢, TR BAE R,

(b) FTRBIEMSY WL = F(L): MEEH =¥, FHSHERD

(c) RAE §¥ = f(azbpuuten), WA ERBFE .

Bernoulli 75#2: 3 + p(z)y = q(z)y”, Hh o HHHHAET 0 5 1.

TEA R 2 = y'~* AR —MEMF M TR 2= + (1 - a)p(z)z = (1 — a)q().
Foa>0 M y=0 WL

AIBEMEM BN S HiE:

(a) y'™ = f(x): K n WIFEEL.

(b) ARHPAREERAT v: v™ = F(z,y®, ...,y D) (k> 1). 4 p(x) =y,
H p" R = F(a,p,...,p"F D) R p = p(x), Fxt y*) = p(x) K & RIFEEL
() FIRPAEEHATE = Fy, 2, Ly —0. ¥y BRATE, £ p=2 T
JFTIREAEN F(y,p,pE) = 0, it p = ply), T3 G2 = p(y) BFIS A .

n MEMIETTREMAHR: v +an1(@)y"V + - +ai(@)y +ao(z)y = f(2).
(a) BREOTRTEME: IAH )81 A7 75 ELPE—.

(b) FPRFIEMRAVLEMN: TR n QELRIEAE]. W y1,y2,. .., yn HFFIK
TR RANETC MR (FRAFEAMRL). WISk T7 R B AR

y(x) = Criya(z) + -+ + Coyn(2),

R G, ..., Cn MIEBERIFEL
(c) IETFRFIEMRILEM: BL 20 NARTTHRITRERIRI. WIS RE I E N

y(z) = z0(z) + Cry1(x) + - - + Coyn(a),

Heh O, Co AT EIEHL
(d) Wronsky {THIREBIMER: ¥ I AKX, 1 y1,y2. .., yn € €7 V(D). EXL

y1() y2(x) o yn()
i (x) va(z) - yn()
W(x) =Wy, 92, ., yn)(z) = : : : : ,
W) u @) ey V()

FFFEN 91,92, -+ ., yn ) Wronsky 175150
1) MRV TR RME: Wy, y2, ... yn AFFROTEERIfE. WET AT R4 H.
24 Wronsky 174150 W (z) # 0.



2) Wronsky {THIRBIHE: ¥ y1,y2,. .., yn NFFRFTFENE. W HWronsky
THRRE: W (z) = —an—1(z)W(z). T4

W(z) = W(zo)e~ Jiy an—1(®)dt

(e) MR KEHLNEMAHFIRMEARMRE: KT ¢ KB v, ym
N on Bre e o ke

o o um
YL Un y'
: : : =0
n—1 n—1 n—
y" Y y Ty oy
y My

(A A

MMM ERBESTRATE: o oy qy =0, Hh p, g NITEEL RN 4+pAdqg=0
RFE T2, HARNIHIEMR. 4 A =p? — 4q.

(a) & A >0, WA BN LEFHEAR A\, Ao, FREMAA y = CreM™ + Coe™2”.
(b) # A =0, FTEEMA y = (C1 + Coz)e 57,

(c) H A <0, WHHIER N A = axiB, MTFREMEN y = e (C1 cos Bz+C: sin fz).
n MEMHERBEFREMSFE: v + a1y + -+ a1y +aoy = 0, Hrf
o, ..., an—1 € R NHH HARE L 5k O

POA) =AN"4an N+ a1 +ao.

BEHAFEARA X1, A, MNIEECN na, . ng, WISFROT R RALB Dy
k nj—1

y@) = Y Cua'eV”,

j=1 1=0
Horb Oy MEBRIEERE. R SHEEMR, RRE AR X;, /£ EXd
¥ N RIHILHOR L e WSAE S, JRik C) 0 AERISEH AL
ZI et B RBEAETTR S IRHRAE:
(a) —RRFE: MSFUTTREMIZMET R 1,y K, AR

_ [T yi®)y2(z) = y1(x)y2()
z°(“’)‘/zo Wnw@ O

AR B RS RO R I —ANRRR, B B RO BB vy = 20 + Ciyr + Cayo.
R E RS 20, (UAEFLLRRRR IS, BAVA GER BIE MM BREER.
(b) 45FRII MMM B R SIENRE: o + vy + qy = Po(x)e"®, Hd p g N
SCEH M P, A n IREW, w NEFEE. o R e RECERAESTIROT R R,
1) 45 p AAFFRITFERFERR, WA RN 20(z) = Qn(z)e"”, HH Qn N
WHAKT n e 2R,
2) 7 p AFFRITRRM — ERHEAR, WARHETE A 20(7) = Qn(z)ze”, H Qn
NIRRT n B9 E 2 K.




3) 5 p NFFUTTRE —EARFER, WA RHRIZAN 20 (2) = Qn(z)z?e"”, Horh Qn
NEBAKT n 1R 2 2T
A IR 20 WAASTFURITRERIAE Qn.
(d) M, e REEE NN, AT T AR R f (o) MEH R
LG (b P 9 n RETIK, a,b NILHE):
P, (x), Pn(xz)e®,

P, (z)sinbz = Im (pn(w)ez‘bm)7
Py.(x) cos bz = Re (P, (z)e™®®),
P, (z)e* sinbx = Im (Pn(ac)e(aJrib)m)7
Po(z)e cos bz = Re (P, (z)el@t)),

(10) Euler 5%2: 2"y ™ +a,_12" 'y YVt tarzy +aoy = 0, HH ao,a1,...,an1
SR AL
(a) FIERVFFR: BRI, RECVR R R IX 5B R 30 48— 2
(b) —RgfEE: ELEEY: t = log|x| B AFRILELL t HEZEMNHE RETE.
3. —M kM ER S FIRENKE
(1) —MrEMERIHIEE: P2k HE Mo TR AT

W = a2y + a2 (@)ye + -+ a1 (@)ye + f(2),
Lo = ap1 (@)1 + an2(T)y2 + ++ + Gnn(@)yn + fu(2),

Hrbaji(x), fi(x) € €(I) (1< 4,1 <n), 1 T HNXIE.
(2) —MEMERSARENEERR: 2 A(r) = (a;:(2))1g),i<n, 1T
Y & fi(z)
Y=| : |, &= ¢ | F@= C
Yn &n fn(x)
A 1] AT DA IR A
Y = A(2)Y + F(x),
Y (20) =&,
RN Y () = PE,(A)E+ [2 PF(A)F(t)dt, X5 PZ,(A) %7 Volterra #5).
(3) —MEEMBEMY HIZERRR:
(a) BEROTETEME: WIME B A7 AE Hof—.
(b) RS TZBEMBINLEN: n DR, n DRENRE—Br 26 M 0CF T 7 TR
fEEN n BEPEAN]. ¥ Y, Yo,..., Y, NIZFFRITEEHN n DT M.
L ® = (Y1,Yo2, -, Yy, IR AFRITIRAE R IEMRERE, WS 7 4L A

Y=CY1+C2Y2+ -+ (Y, = 2C,



Hrpr C = (C1, G, -+, C) " RS . SRR 2 = A(z)®.
(c) AEFFRFGIZBMEVEEN: ARTFUCH T Ty R AL B i 9% s R AL — MR 5
HRLF) T U077 RE AL S AR 2 A

(4) Wronsky {THIRNAIMER: % Y1, Yo,..., Y, NFEITEAN n AME. 2
W(‘r) = W(Y17Y27 T 7Yn)(x) = det(Yl(x)7Y2(:C)7 T 7Yn($)),

FFFEAN Y1,Ye, ..., Y, 1] Wronsky 17715
(a) BEIEMTTRM: n ME Y1, Yo, .., Yo &MY EALY W(z) =
(b) Wronsky fTHIRBIHE: W (z) = (a11(x) + -+ + ann(2))W (), T2

W(.’L’) _ W(mo)efﬁo (a11(t)+++ann(t)) dt.

M W () BEAEAE, SRFEANE.
(4) MERDFES—NEMEMD HREMXFR: —FH T LU L
(5) —MEZEMERBENMDHIREARNKE X = AY + F(z), Bl A N ZEGER.
(a) —REARA:
1) FMEEIRRAORR: W EYIE R Y (x0) = € HIfRA

z +oo k

A

(@)= e OAE s [OAR @ A = L+ 3
xo k=1 ’

2) BER: W @ AFF IR IR R, AR O R N
Y (z) = ®(2)C + ®(x) /z(@(t))*lF(t) dt.

(b) FANARHIR BB IER:

1) # A BFHANTHERSTREE A, Ao, IBAMNAHEAE 1, ro AT E
HEVET, WFTREMAY =Cret 11 +Cae* ra, Hth C1, Co NERHHL

2) # A HHAMEN (52) FRAEE A, WFREFR L P (), 30 P(z) N
REdla &, BN TRBAIE <1 22U, B P(z) = Co + Ciz,
Co, C1 N 7M. H i N AR E REL Co, Cr, HMAE] P(z).

3) H A AWAAMHERILPEEFAEA A1, Ao, HBFHMERE £y, ro ML
S BT, WREMA Y = CiRe(eM7ry) + Colm(e*ry), 3 C1, Co
AR
(c) n DRMBHEAIER: B A AFRFERN A, ..o A, HEECN na,... 0.
T 1< j <k, 778 ny DM 7P (x) MEMLXNM, Hd Pij(z) A n K
HlimE, R RRURENEL n; — 1 2, &)

n;—1

) = Z Cjiz,
1=0

H Cyj N on BrEEAHE. B EANTATTRATE Cji, HIA AL



% 2 #Ror IR ERE

(i3-16 NFEABH )

y/ = 13 + ny
y(0) =0

1 RiEE UE R Lads g — y(a) H2 { bR R

SR, AR E VAR M

f#: WARXTH, Ve >0, A ¢ >0, Ve <0, WA ¢ <0, Bt y =y(z)
F [0, 4+00) EFA&EIE WA (—00,0] EEAAEM, TA 2=0HCHE—H
MME =, A ROME R, AR RIMER y(0) =0. X

y" =3z +y* + 2zyy >0,
WL T4y =y(z) A HHE.
zy’ +3z(y)2 =1—¢"

2. Bk E LA 0 ey oy = iR
PERE Do v {y<0>=y’<o>=o

KiE: Vo >0, AH y(o) < —127

fB: Vo >0, WALRA ¢ = =5 —3(y)? < 155 Vo > 0, Y f(r) = 55,

FA f0) = —1. BT lim f(z) = —1, a‘f'rﬂ f A& (0,+00) EHAEHHK,
TR fAE0,+00) EiES HVe >0, ¥A

() = —e¥r — (1 —¢€%) _ (1—30)6”3—1.

2 2

Ve >0, 4 Flz)=(1—z)e® -1, W F'(z) = —ze® <0, 3% F £RER, KA
Vo >0, K F(r) < F0)=0, % Ve >0, A f(x) <0, N f £ [0,+00) L
B, B b z=0 Hxﬁk{ﬁ f( ) =—1. z&rrn?réfn Vz >0, ¥H vy’ < -1
TRV >0, #MNAF y(2) 0)+ [y v/ () dt < [J(=1)dt = —z, ¥

y(x) =y(0)+/0my’(t)dt</Om(—t)dt= —%x?

3. R y=Cie ™ +Cy AXAE MY FAGHBM, P C1,C AEEHE
K% F T AL
MR 53k 1. ATy = —2C1ze, M T ¢ =201 (222 — 1)e~
B b AT 2 %) xy”+(2:c — 1)y =0, ®BP AT KT M F AL
ik 2. WAATSm 1, e AR EMY FTAAGHAKEL XM, Bt
1 e’
0 —9ze" y | =0,
0 —2(1—222)e " 3"

BB —2ze "y +2(1 — 22%)e "y = 0, ¥, ay” + (222 — 1)y’ = 0.



4. KT IV hy 7 A2

(1) Z// = \/Mf (2
() vtly=" @0, @
5) ¥+ 3L =0y0)=1 (6
(7) (8

ry' = y(logy — logx),
v =1+z+y*+ay?,
(x4 2zy —y?)y —y* =0,

zy =\r? -y’ +y.

ﬁ%(D%y>0ﬁ3&m5%%z&ﬁi%@szlM%yzi@+@{
Fof CAEETHEHR, @ oo e (-C+o0). Fy<0r, RMNUA JL = da,
¥ —2/—y=a+C, A y=—1(z+C)?, £F C AEEFHK, z € (—o0,-C).
R y=0 LA HAZRE.

A R B AL —, TR Bk = A X6 fF B R AT B AT AR

N ~— ~—

tanydr — cot xdy = 0,

(2) FiE 1. BTy = LlogZ, R u=2 N u+ 2% =ulogu,
M ﬁ =4 HRTF log|logu—1| = C; +logz, ¥ logu—1 = Cuz,
ABP gy = zeltCT L O AEET T
F BT y>0, % u>0 RASHLTEZETRRBIZGMA logu =1, 121%#
ERHREFTHEH C=0.

7k 2. A4 d?y = (logy—logz)4z, ¥ d(logy) = (logy—logz)d(log z).
4 u=logy, t =logz, M S =u—t, A &MNA

u=eldt (C+ f(—t)ef(fl)dt) =e'(C+ [(—t)e ' dt)
=e(C+(t+1)et)=Ce +t+1,
WL T y = ze'TO7, b O AEERH
(3) F33E 1. AKX L% 7T 4=
y = ef(_%)d””(C’—l—fSi%ef%dzdx) = ¢ lo8T(C 4 [smzelose y)
=1(C+ [sinzdz) = 1(C - cosz).

73k 2. AL 2y +y =sinz, Ad (zy) =sinz, ¥, xy = —cosz+C,

LBy =L1(C —cosx), £F C AEEFH

x

(4) WRRZZTH y = (1+2)(1+97), TRAKMNA $5 = (1+2)dz,
¥ arctany =z + 12+ C, £ C AHEETFHL.

(5) WAL 2 A y = Cel FTY = Celosl™ T — Lo X y(0) = 1,
W O =4, At BMNA y= 1

244"
(6) % y BAAEE WAFREA & U2, g Fr
v ef 1::229 dy(c_fefflzg?! dydy) _ e—%+210g|y|(c_f€%—210g|y\ dy)

1
= y%‘i(C —f c;J—édy) = er_%(C—Fe%) =y + Cy2e v,



(7) B RRIE %) T 4% tiﬁ’y =4z 3 log|siny| = —log|cosz| + Cy, LLEP
HANVA (siny)(cosz) =C, HF C AEEF K.

FI tany = 0 A H HAZGYAE, LB siny =0, K y=Fkr, £F ke Z.
FHy AmBLE, W cote =0 LAHHTAZNM, W o=kr+3, XF keZ

B)Za>0m, REMOSTAAEH y = /1- (L2 +L L u=1L R4
EMNA vtz =vVIi—u2+u ¥ \/% =49 W arcsinu = log |z| + C,
Bt HZAA y = zsin(log|z| + C).

Lo<0W, REMPTREA ¢ =—\/T— (L2 +L ZXu="% 4
HKAH u—i—x% =—V1—u2+4u, B —\/1(1_“7 = %, # —arcsinu = log |z|+CY,
W y = zsin(—log|z| — C1) = wsin(log |z| + O), £+ C =C, +7 AEZF .

T =1 WHRTARGME, LBy =2 R y=—x HARGTALGME.

5. K& y=y(z) EFLLEE—& (2,y) WEFH ot Em bR 2%
EEEITRZA.

R AP B RAER (v,y) REOWEE 2 WO EAA o, W tana =y,
RiEREE & (2,y) WEERE o 0K AA o, W tanp = L. X HAR 54
TiF5e o =20, M RAAH

' tan © sin$  sin ¥ cos ¥ sin Va2 42—
Yoy = se T o2 2 T 14cosp ’

W 2R TTF ydy +2de = /22 +y2de, TA

d(z* +y?)
dzr = =d(v/x2 + y?),
N (Va2 +y?)

Mt BAVE Ja2 +y2 =2+ C, LB 2 =200+ C?, £ C AEETF .
6. KX y=y(r) EANEZ ac R, ZHEXHEHX y=ar® EX.

B WAy =302% = U, FREMIREAELHHERL ' = £

B 39 = g MR E R TIF 32+ =C, ¥ O >0 HEEFHHK.
7. REWHS FTARELBMRA y=Cre” + Coxe™, ¥ C,Co HIEFTH.

fR: F3E 1. Wik 4 ®, pe® KT K AL R AR, MK F My AR

X €T

Te
0=| e* (1 + x)ex y/ — e2;cy// _ 2€2zy/ + eZzy!
e (24 x)e* y”’
LB EMNA o -2y +y=0.
Bk 2. AR Ty = Cre® + Co(l + 2)e”, y' = Cre® + Cz(2 + x)e?,
BHMIZFEMIKLZTHE C,C miF ' — 2y +y=0.



8. Ll k—AFREMEMY FARGEAMAN Lo, REBB y = y(2)
1% y(1) =1, y/(1) = 2.

ﬁg: dﬂﬁiﬂ’tﬁ#"fﬁiéﬁl@ﬁ¥7’] Yy = 01 +Cgf£, —}jl—‘:F’ Cl,CQ 7’71'3?%;")%6%5(, /‘Aﬂﬁ
Y =Co. Xy(l)=1,y'(1)=2, % C1+Ca=1,Cy =2, hin C; = —1. T=&
PR y=—1+2z.

9. EX_MAMAFREMRY TAZNAANBEA 3+27, e +3+22, LME
FRFAZG =GR o, KZAEFR T AL @

R AR T TR T ALRY G IF— AR (e +3+2%) — (3+22) =7 X

=—(1+x)e ®#£0,

W 2, e RMAETK, KR FR FTA2EG K KA, P KIEF R H 2698
A y=3+22+Crx+Coe ™, HF C,Co AEZFHK.

10. &40 oz 22, 0% AW AR TR & T oy T AZ6) =/, K LR

R BT 22 —x, 2% —ax AFRTAAGHER. X
22—z 23—z
2¢—1 3z2-1

¥ oa? —x, 2% —x MRFR ARG A KRR, K dE Tk A2 e B g R

W(x? —z,2° —z) = =at 223 + 22 £0,

y=2+ C1(2? — ) + Cy(2® — 1),
H C, 0 AEER A
11. R=ZMEANTFERZRFTREMRS TARELHEA e, 2cosz, 3sinz.
f#: X 1. 8T e, 2cosz, 3sine AZMEABF REFRE MY HALH
AR, W% ARG AEAEAR A 1, i, —i, 4B BG4 AE B R XA
A+1D)A =) A +i) =22+ A2+ X +1,

éiﬁﬁ'j’\fﬁi/] y/// + y// + y/ +y= 0.
ik 2. WARR T s KRR TAZA

—T

e 2cosx 3sinx Y

0 —e™® —2sinx  3cosz Y
| e —2cosz —3sinz y”
—e™® 2sinz  —3cosz y"”

= 127y 4+ 12e7%y" + 127 %y’ + 12~ %y,

&EP y///_’_yll_’_y/_’_y:()'
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F3E 3. RFTKRFTAEN o +ay’ + by +cy=0. WAL P KR F

—e P +ae T —be T4 e =0,
2sinx — 2acosx — 2bsinx 4 2ccosx = 0,

—3cosx — 3asinx + 3bcosx + 3csinx = 0,

M FTREATHEF a=b=c=1, TRHKIALH
v +y" +y +y=0.

12. & f€€[0,+00) H xgrfwf(x) =0, Kik: T4 o +y = f(x) B9 EHE
y=uy(z) HiHL IEIJIrlooy(x) = 0.
WERR: Xy =y(z) AHAZME, H4 yo = y(0). W Vo >0, KMA

v o= B [ el o)

= et [ s a)

T2 8 L’'Hospital & R VAR AL % & 44T 4n

+ etdt
lim y(z) = lim —yo fo
T——+00 T—+00 e’
x
= lim J(@)e = lim f(z)=0.
z—+4oo  e7T z—~+00

13. & [ €€(0,400) 1243 Vo >0, AH f(x) [ ft)dt =1, K f e9REX.

R WAL T 4, Ve >0, ZAHAH

r 1
/0 f(t)dt:m7

X fe?(0,+00), M feEM0,+00). HERF K3 ¢ £F, W Vo >0,

@)
(a1
LB 5 (gap) =1 TR grp =20+ 0, SEAMNZATH
1
= W A= e

Ao C ALEERR. BHREEH TR, Ve >0, HH

’ 1 Toodt 1
0 [Crna= [ - Lo vo)

WRLTF C =0, A f(z) = = (Vo > 0) K f(z) = —ﬁ (Vz > 0).




11

14. KA FTEFFRag b s I AAWEE D A EAEE— MY
REBRFTRAZASHMZ A EEZK.

B ATOHAD, AAEE—& (v,y) REFROHEN L ZEES

A BH (v +yy',0), MR AEZEGHMHZ MG EERZ KA
/( l)2+y2 — /1_|_(y/)27
T B (2,y) R EF AN 00T g

1 /2%
P
Y
'@JEP 1+(y)2—7-'§’p yﬂ“V/(yﬁE] % ]'QZ*

,,_dp_dp'diy dp

S dz dy da:_ dy

TR LB =4 B THE Llog(l+p?) =log(Cry), LBP

+p
dy = +dx,
(Cry)* -
’)_“ log Cly + \/ Cly 01]) — CQ) rrn"i]_ﬁ'—

log(Cry — /(C1y)? — 1) = F(Crz — Cy),
¥ Cry+/(Cry)? — 1 = et o=C2) Oy — \/(Cry)? — 1 = eT(C12=C2) A
Yy = ﬁ(e(clmicﬂ +e (Clx CQ)) C’ Ch (ClI — 02)

A CL >0, Cy HEZLF I

Bl , 3t F g & Ty, BARIRTIFH M H 42 1+(y e = — 4 B AR
T2 FH gy + (V) +1=0, &/ (yy' +2) =0, TR yy/ +2=Cs, &
TIF (P + (2 —C3)%) =0, & 2+ (x— C3)2 = CF, &9 O3, Cy HEFFH K.

15. BiX-FEEE T & (1,00 L& EAEE S Plr,y) (z #0) L&
FHERE ALK om@%i%i% ax, ¥ a>0 HFHK.

(1) Kbk T ey 42,

(2) FWAT 5AK y=az AR FRREBH@RET S, K a

fR: (1) RBAT T HEA y=yx), M y(1)=0. BARK y — L =az, &
yzef%(0+faxe_f%dx):xC—i—fadas = Cz + ax?.

X y(1) =0, A &MA C = —a, @ TH y=azx(z—1).
2 WA T BEAX y=ar 895A (0,0), (2,2a), mllii;rﬁw%ﬁfr[%l%@
Ky minh & = f02 (az —az(z —1)) dz = (az?® — $az? )|0 3a, TR a=2.

3
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16. KR T )% #ho AL

o 1+(y)?
2y 7

? +(y’)2 =1,

v +y"' =2y =0,

10) v 4+ 3y’ + 2y = 3sinz,
11) o — 4y + 4y = e* +e2* + 1,
12)y +15y -y =0,

) y" =3y + 2y =sin(e™"),
14) 22y" — 22y’ + 2y = ¥ sinx.

e ()4 p =y Fuy AAE My ==
dp _ _ 1+ 2pdp _ d )21 2 _ :
pdisfy//* 25;'@4EP 1{)i_pp77y .1]—_7(14’1) *Oly7 #—’E’m*idx:

W Z R TF & V/Cry — 1= +(x + Co), HAMNA CQ(Cly 1) = (z + Cy)?,
HF O #0, Cg /J'g:j’éﬁ'%*i

(2) & p=y Hvhy HAEE, My =pE, A pPcosy+psing =p.

T p(-1)=y(-1)=4%, Wp#£0, & g—zcosy +psiny =1, A

_ ef(*tany)dy(cl + fsecyeftanydydy)

= cosy(Cy + /-4 ey ) = cosy(Cy + tany).
WNMEFMHTF CL =0, TR Y =p=siny. Xsiny(—1) =3, & siny #0,
T4 dy = dz, A log | cscy—coty| = 2+Cy, M T Cy = 1+log(2—/3).
@ﬁtﬁ eIHHOg@*\/g) =|cscy —coty| = 1;‘;029 = QS?HSTCOESy | =|tan ¥|, &
BPAT R AL |tan 4| = (2 — V3)em L.

(3) WARTHF y = TRy = WO oa” fe o —

(logp —1)(zp’ — plogp) = 0.
=ex 7’7/%5 AL B AE R
dp

% ap’ — plogp, M B = 9, F& log|logp| = loglz| + C1, A
logp = C, B p=eC?, ¥ y= 2L = LeCr b C£0 HEEH K.

logy

log, y'?

Ey=e Kiny=-2=2

log y’

(4) ARSIy = xy' —(v)2, #d y =y +ay” —2y'y", & (2—2y')y" = 0.
Ey' =00y =C, & y=ay —(y)* :C:L'fC'Q, AP:-‘:F C HiEEFH.
Fao-2=0 My =% Kdmy=ay —(y)= % AR Ty AL OYAFRE.
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(5) 4y =cost, W z =sint, Ad dy = ' dx = costd(sint) = cos®tdt,
R &MA y = 2t+2sin2t+C, M ZH TR y = L arcsinz+3av1 — 224C,
AFH y= —%arcsinx— fa:m—i—C *re C 7’74%");6’3 =

(F: ¥5 Ry = £V1 — 227)

(6) ZEAALRIIFIETAEA N —5A2 +8 A —4=(A—-1)(A—2)? =0, Am A
HAERRA A =1, ho = Ay =2, TRIIKF MY HALE B

y = Che® + Cre®® + Caze®®

HF Oy, Co, C3 HIEEWF .

(7) ZFAZRIHFIETAER AT =205 + X3 = N3N - 1)2(A+1)2 =0, A H
BIEARA M =X =X3=0, Ma=Xs =1, g = \y = —1, B ZZTsPT K
F D 7]‘7&@’3 ] y—C’1+C2:E+ng + Cye® + Csze® + Cge™ + Crze™7,
A C(1<j<T) AEENF

(8) ZAALMIMIETAZA N+ A2 —2=A—1)(A\2+2X+2) =0, A i
BIERA N =1, o= =141, \g = —1 —i, TRIE Gy FTAEGEMA
y=C1e® + Cre P cosz + Cye *sinx, L Cy, Cy, C3 HIEZEY T 4.

(9) ZAAZFRTAZGBIETAEN N2 — 4 +4=(N-2)2=0, A i
FIEAR A N\ = Ny =2, WMo TR T ARG A RARIA A €27, ze®*. X 2 AFK
TTARG) ZEAFAEAR, W AE TR AR AF M A 29 = Axe?®, W NJR AL (F

(4422 4+ 4Az + 4Ax + 2A) — 4(2A2? + 2Ax)e®® + 4Ax?e?® = 3e27,

# AZ% NBMEA y = 322 + Cre® + Cone®™, L F O, Co AETF .

(10) Z T AZEG TR H ALY AFIETTAZ Ay

M 4+3A+2=A+1)(A+2)=0,

M EAFAEARA Ay = -1, Ao = =2, TRFRTHRGEAKRMBEN 77, 722,
B A AEFRAA 3sine, HHF EIEFATA ¢ +3y +2y =3¢, X i TR
FRFTALCGRIEAR, TR ERIFFR TR M A 20 = Ae®, FNRFTA
T —Ae'® 4 3iAe'™ + 24e'” = 3¢, M

3 3
1+3i 10

R KRG AE TR AR B R
10
TR R ey AL 0GB

A:

—(1 - 3i),

3
yo =Im——(1—3i) = 1O(Sinx—3005x).

3
—(sinz — 3cosx) + Cre™" + Che 2,

Y= 70



14

Oy, Oy HEEF

(11) A A TR FARRBIET AN N2 — A\ +4=(A-2)2 =0, Adm it
HAEARA N = \o =2, Bsbdn TR ALY K KRR A 22, pe?®.

FTFAEFRTA o — 4y +4y = e, BT 1 RAREFR T AEGIFIEAR, 1)
ZAEF R TAEF HFMRR 4 2) = Aje®, WANTIF A1e” — 44" + 44" = €%,
BT A =1, & 2 = €.

FFAFRTAE ¢ — 4y +4y =2, BT 2 HFRFTAZG ZFHIEAR,
W% A FR AR BT dm 2 = Aja?e®®, WANTH

Az (422 + 8z + 2)e®® — 4A45(222 4 22)e®® + 4Agz?e®® = €27,

TREMA Ay =3, M TR 20 = 1a2e?,

SNTAEFRTAL ' — 4y +4y =1, BT 0 RRFRTAAGHFIEAR, TR
BAF TR T AL B dn 25 = A, TN 443 =1, N A3 =1, & 23 = 1.

T KA TR F U AL B y = ¥+ J2%e* + § + C1* + Coze®™,
HF O, Cy AEFRF

(12) MR T4 gy = o AZRGHE. FARAFTHERE ZERFTHS S
M e y = C(z)z 9. N ' = C'(x)x + C(z), ¥’ = C"(x)x + 20" (z), H AN
B IALTIF O (x)z + 20" (x) + 12 (C'(z)z + C(x)) — S22 =0, & Bp

@)+ (2—z+ £ )C(z) = 0.

Lp=Cl), Mp+(2-1+)p=0, bz TH

T

p=Cre  JGE M de — G (),

x

#EmTE Cl) = [ D (- 1) do = A& + Co, TAIKF MY HAZ09BH

A Yy = C’(:v)x = C1e* + Oz, -;E}\;‘:P C, Cy 7’74:\?%%%—‘&%(

(13) ZAALR TR FTALRIFIEFTAZR N2 =30 +2= (N —-1)(A—2) =0,
M HAFAEARA Ay =1, Ay =2, HFTARTARGELRBAA y = e, yo = €27,
BT & W (y1, yo)(z) = €37, Bt d TR AEFR 7 A2 H 45/
B Ty ®ya(r) —ni(@)yt)
B /—logﬂ' W (y1,y2)(t) sm(e )dt

x
= / e Bl — e sin(e”!) dt
—logm

zo(x)

s
—t
u=e .
= / (ue*® — e*) sinu du
e—¢

= (e*(sinu—ucosu)+ " cosu)|

s
e—<T

2z

= et — % — 2

sin(e™™),
VNV | s i AR )

y = me? —e” — 2T sin(e™") + cre” + c2e®® = —e*Tsin(e?) + Ore” + Cye?”,
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P Oy, Cy AEFNF K.

(14) 4 t = log|z|, M) dy _ dy dt _ %Ly’ # @ i3

da dt dx dt
dy _ _1dy 4 1d(dy)_ _1dy  1d%
dz2 = 2 dt zdx\dt )~ x2dt z2 dt2

FRBHAAESA Ty 398 4 oy — 3sin(et). #HALM TR HALR AL H A2
BNt 2=(A—1)(A—2) =0, A EHIEHEH A\ =1, Ay =2, HFK
TAEGIEAFEA y = e, yo = €2, M 40 Wy, 10)(t) = ¥, H R TH
LR AR TR TAER AR

W s v) @) e” sin(e") du

t

/ (e“e® — e'e®™) sin(e") du
1
Ogtﬂ'

(&
v=e" .
= / (e?* — ve')sinv dv
s
t

= (—62tCOSU—et(Sin’U—’UCOS’U)”Z

2o(t) = /j y1(wya(t) —y1(D)y2(u) 5

= el — e — elsin(el),

I BT KBREA y = mel —e? —elsin(e!) +crel +cpe?t = —xsinx+Ch x|+ Caz?,
P O, Cy AEZNF .

17. KA 3% oy A2 4.

110
MHE¥=1010]Y,
0 0 2
2 3
2)X=102 -1|Y.
00 2

fR: (1) ZAALBAIFIE T AL A
A—1 -1
0 A—1 0 [=(A=-2)(A-1)2
0 0 A—2

HMEFIEARA A =2, Ag = N3 = 1.
S4EE N\ =2 R —ARIEREN | 0

BT 1A ZFAAEAR, W] AL RS A
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Y1 ay + bz
y2 | = | a2+baw |€”,
Y3 az + bzx
A N 75 A2 48T S
a1 + b1 -+ blx a1 + as + (b1 + bg).’E
as + bs + box e’ = as + box e’
as + by + bsx 2as3 + 2bsx
\fhltiZ'J T’T%\j bl = az, b2 == b3 = az = O, %%ﬁﬁiéﬂéﬁf\é%¥7’7
0 1 x
Y=c| 0 |e¥*4+a1]| 0 |e*+as 1 | €%,
1 0 0

;E[:-‘:F' C1,Q1,0a2 7’7{31’:.%\_:@/3 ﬁ?é&

(2) EAARMGBIETREA | 0 A-2 1 |=(A-27 dim
0 0 A-2
HAAEARH Ay = Do = Ay = 2, TAGALLA 4o

Y1 a1 + bz + Cll‘2

ya | = | ao+boz +coz? | €27,

Y3 a3 + b3x + c3x?
Wz NI T AR VT S

by + 2c1x + 2(ay + byw + c12?)
by + 2cox + 2(ag + bow + c2?) e
bz + 2c3x + 2(az + baw + c3x?)
2(ay + bix + c122) + (a + baw + c22?) + 3(as + bsx + c3x?)
= 2(ag + box + c22?) — (az + bsx + c32?) e,
2(az + bzr + c32?)
M by =as—6c1, by =2¢1, a3 =—2c1, bg=co=c3 =0, TR FTALLGEEH

aj + (ag — 6¢1)x + c12?

Y = as + 2c1x e
—201
T 2?2 — 6z
_ 2x 2z 2z
= a1 0 e“r 4+ aso 1 et 4+ 2x e’
0 0 -2

_;Et_‘:F ai, az, €1 )’?’fi‘%é‘]ﬁ%ﬁ.%)’(



